l/~2~ for n = 1, 2, ... . We recall that an analytic function / is said to be subordinate to an analytic function F if f(z) = F(φ(z)) where φ{z) is analytic in Δ, φ{ϋ) = 0. and \φ{z)\ < 1. We write this relationship f < F. 1* A product theorem and a geometric mean theorem for F p . THEOREM Proof. If p + q ^ 1, then proof of this therem follows from Theorem 1 by the same arguments used to prove Theorem 1 in [3] . Now suppose p + q ^ 1. Consider the linear operator L defined by 
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_ P l l p + q [(1 -xz)(l -xz)]» +1 [(1 -yz)(l -yz)]1 1 , -xz)(l -xz)Y [(1 -yz)(l -yz)-xz)(l -xz)dμ(x)} = j^[(l ~ xz)(l -xz)]-'dv(x) .
exp I j^-
Proof. The proof of this theorem follows from Theorem 2 in a direct and obvious way. 
The convex hull of
where X = {x: \x\ = 1 and Im# ^ 0} and v is a probability measure on X. The result now follows by direct application of Theorem 3 and standard arguments. REMARK 1. This result generalizes Theorem 1 of [5] and Theorem 3 of [3] .
2. The problem of deter ming £ίfT k when T k denotes the typically real &-fold symmetric functions seems more difficult. Our next theorem settles the case k -2, i.e., typically real odd functions.
3. The question of whether each kernel function is an extreme point remains to be decided. It is known to be true when a -0 and k = 1.
where X = {x: \x\ -1 and \xax ^ 0} and μ is a probability measure on X.
Proof. The result follows from an obvious modification of the Herglotz formula. 
" 2 ,t, -2 ,
be the set of typically real odd functions on Δ. Then T 2 -^7 the map μ-+f μ is one-to-one, and each function
is an extreme point of
Proof. This result follows in a very direct way from the previous lemma and a classical result of W. Rogosinski [9] 
where β^l and K' R {β). Also
Proof. We assume that f(z) e K R (β) for β ;> 1. In [2] the authors showed that
112 has positive real part and is real on (-1, 1) and
1/2 is univalent, starlike, and real on (-1, 1). The result now follows with the usual arguments by appealing to Theorems 1 and 2. REMARK 1. The question of whether each kernel function is an extreme point remains undecided.
2. We introduce some useful notation at this point. Suppose /(s) = ΣΓ=i a n z n and F(z) = ΣϊU &*z n are such that | a n \ ^ | A n | for n = l, 2, .... We then write f(z) < F(z). In [2] the authors proved that f(z) e K R (β) implies f'(z) < f' h {z) where p = (l/2)fc -1 and They proved this with no restriction on β. If β ^ 1, the previous theorem gives an easy proof of this result. The argument needed is essentially the same one used by D. A. Brannan, J. G. Clunie, and W. E. Kir wan in [2] to prove the coefficient conjecture for K{β) when β *z 1. We recall that D. Aharonov and S. Friedland settled that coefficient conjecture for K(β) in [1] . We next prove a generalized coefficient conjecture for K(β). The next result was proven earlier in [7, p. 266 ] by Ch. Pommerenke.
)}' which is equivalent to the above statement. It suffices to prove the result for / in g" i.e., for functions 1 + xzk where \χ\ = \y\ = 1 .
It is easy to see that 
"I-
The result now follows.
COROLLARY.
(2) Let f(z) =^Y^= γ a n z n be subordinate to F(z) where F(z) is in C 2 . Then \ a n \ < V 2 for n = 1, 2, .
Proof. Applying Theorem 8 when k -2, integrating and using the fact that f μ (0) = 0 we find that the extreme points of C 2 are given by the collection To see that we must have the strict inequality | a n \ < V 2 for all π recall when \b n \ -1 and |c Λ | = 1. If equality occurs we must have φ(z) -ε^% where |ε| -1. However, for such a φ it is easy to see that I a n I ^ 1.
REMARKS. If f{z) = Σϊ =1 α Λ s n is in c z» then |α Λ | ^ 1. This is the same bound which holds for odd starlike functions. Since it has been proven in [3] that a function subordinate to an odd starlike function also has coefficients bounded by 1, it is natural to conjecture that the correct bound in Corollary (2) to-convex function* This result was proven again and generalized by Ch. Pommerenke in [8] . We will examine in this section the compact family of close-to-convex functions L(C) = {Lf: /eC}.
We remark that since the operator L is linear the extreme points and closed convex hull of L(C) can be precisely determined from Theorem 6 in [4, p. 97]. We find that = { 1 (l -* V-*--Ul + ^U log (1 -yz): 
= \v\ = \
We also note that by applying the technique of proof used in Corollary (2) we can prove that if f(z) = Σ«=i α«s n < F{z) where F(z) e L(C) then I a n \ < V 2 for n = 1, 2, . We remark that it natural to conjecture that \a n \ ^ 1 is the correct inequality.
Added in proof.
The extreme points of £ίf St Λ {a, k) are identical with the set of functions given in the inclusion in Theorem 4. In [4, p. 95] , it was in effect proven that the map μ-+fμ is one-to-one.
